GIA SU SV TOAN 9 - 10 - DE 11

DE THAM KHAO TP.HCM 2026-2027
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Deée 11 - bé va loi giai tung buadc
7 cau ty ludn - 120 phat - 10 diém
Xanh duang: kién thiric - Xanh 1a: két qua - Vang nhat: luu y

Cau 1 5 giém)

Chohamsoy = X; c6 do thi la parabol (P).

a) Vé (P) trén mat phang toa do Oxy.

b) Tim toa d6 cac diém thudc (P) cé tung d6 gap doi hoanh do.

HUOGNG DAN GIAI

Ki€n thiuc can dung. Lap bang gia tri d6i x(rng qua x = 0. Tung doé gap do6i hoanh dé nghialay =
2X.

a) Lap bang va vé

X -4 -2 0 2 4

y 8 2 0 2 8

Parabol cé dinh O(0; 0), truc déi xirng Oy, mé lén va di qua cac diém trong bang.

\\ //

Po6 thiy = x2/2 d6i xng qua Oy va di qua (+2; 2), (+4; 8).

b) Gidi phuong trinh hoanh do¢
Kéthopy = x2/2VvGiy = 2x: x2/2 = 2x & x2 —4x =0 e x(x — 4) = 0.
V6ix=0,y=0;v6ix=4,y=8.

K&t qua. Hai diém can tim la (0; 0) va (4; 8).

Luu y. Gilt cd nghiém x = 0; dé khong loai gbc toa do.
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Cau 2 1 giém)

Cho phuong trinh 2025x? + 2025x — 2 = 0.

a) Ching minh phuong trinh cé hai nghiém phan biét xa, xa.

(x + X2)20%6

b) Khong gidi phuong trinh, tinh T =

\/Z(Xl—X2)2+¥X1X2 .
HUOGNG DAN GIAI

Kién thic can dung. Dat S = x1 + X2, P = xax2; (X1 — x2)2 = S2 — 4P. Kiém tra mau can duong trudc
khi chia.

a) Chirng minh cé hai nghiém

A = 20252 — 4:2025-(—2) = 20252 + 16200 > 0. Vay phuong trinh cé hai nghiém thuc phan biét.
b) Rit gon bi€u thirc trong can

Theo Viete: S = —1, P = —2/2025. Tir s6 52926 = (-1)2026 — 7

D&t U 13 biéu thic dudi can. Khi dé U = %(s2 — 4P) + %P = %sz + %R

209 _ 6 _ 1
72025 _ 8100 _ 1350 0.

Vay T = 1/v(1/1350) = V1350 = v(225-6) = 15V6.

Thay sé: U =% -

Két qua. T = 15v6.

Luu y. S6 m(i 2026 la s6 chan. Khéng bo dau ngoac khi ndng S = —1 1én Iy thira.

Nguén dé: Hoi dong BO mén Toan TP.HCM. Bién tap 10i gidi: Gia Su SV.
M6 bai luyén Dé 11 - On ly thuyét va chon dé
Nguai thay tan tam, nguoi ban sé chia.
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Cau 3 (15 diém)

Bang trong dé cho s6 huy chuong Vang, Bac, Déng cla 10 quéc gia tham du SEA Games 33:

Quéc gia Vang Bac Péng
Théi Lan 233 154 112
Indonesia 91 111 131
Viét Nam 87 81 110
Malaysia 57 57 117
Singapore 52 61 89
Philippines 50 73 154
Myanmar 3 21 49
Lao 2 9 28
Brunei 1 3 5
Timor-Leste 0 1 7

a) Tinh ti & phan tram huy chuong Vang cta Viét Nam so véi téng huy chuong Vang cta 10 quéc gia, lam
tron dén hang phan muoi.

b) Tinh téng huy chuong ctia méi quéc gia.

¢) Chon ngau nhién mdét trong 10 qudc gia, Vi ca hdi nhu nhau. Tinh xac sudt quéc gia dugc chon ¢ téng
huy chuong I6n hon gia tri trung binh cta 10 quéc gia.

HUOGNG DAN GIAI

Kié€n thic can dung. Trung binh c6ng bang téng chia sé déi tugng. PEm qudc gia thda diéu kién, khéng
dém s6 huy chuang dé€ lam xac suat.

a) Ti Ié huy chuong Vang
T6ng huy chuong Vang: 233 + 91 +87 + 57 +52+50+3+2+ 1+ 0 =576.

Ti 1& cGa Viét Nam: % .100% =~ 15,104% =~ 15,1%.

b) Céng theo ting quoéc gia

Quéc gia Téng huy chuong
Thai Lan 499
Indonesia 333
Viét Nam 278
Malaysia 231
Singapore 202
Philippines 277
Myanmar 73
Lao 39
Brunei 9
Timor-Leste 8

T6ng cla ca 10 quéc gia la 1949 huy chuaong.

c) So sanh vé@i muc trung binh

Trung binh: 1949 : 10 = 194,9 huy chudng/qudc gia.

S&u qudc gia c6 téng I6n han 194,9 la Thai Lan, Indonesia, Viét Nam, Malaysia, Singapore, Philippines.
6 3

Xac suat cantim: P = 0 -5

Két qua. a) 15,1%; b) téng theo bang 10i giai; c) P = 3/5.

Luu y. S dung ding s6 liéu do dé cung cap; day la bang dir kién cla bai luyén. “Lén hon trung binh” |a so
sanh téng cla tirng quoc gia véi 194,9.

GIA SU SV - giasutainha.edu.vn Trang 3/7



Cau 4 (1 giém)

Vuon hinh chr nhat cla bac Hai dai 8a m, réng 6a m (a > 0). Ao céa la hinh thoi c6 bén dinh &
trung diém bén canh vuon. Phan dat con lai trong cé nhung.

Ao hinh thoi néi trung di€m cac canh khu vuon 8a x 6a.
a) Tim a khi chu vi ao ca la 100 m.
b) Chi phi trong cé la 65 nghin dong/m2. Tinh tién bac Hai can trd, theo triéu dong.
HUGNG DAN GIAI

Kién thirc can dung. Canh hinh thoi [a canh huyén cla tam gidc vudng cé hai canh 4a va 3a. Dién
tich hinh thoi bang n(ra tich hai dudng chéo.

a) Tu chu vi tim a

M6t gbéc vuon va hai trung di€m canh ké tao thanh tam gidc vudng c6 hai canh géc vudng 4a, 3a.
Canh ao bang V[(4a)? + (3a)2] = 5a vi a > 0. Chu vi ao: 4-5a = 20a.

20a = 100 = a = 5.

b) Tinh phan dat tréong co6

Dién tich vudn: 8a-6a = 48a2. Dién tich ao: (8a-6a)/2 = 24a2.
Dién tich trong co: 48a2 — 24a2 = 24a2 = 24:52 = 600 m2.
Chi phi: 600-65 = 39000 nghin déng = 39 triéu déng.

Két qua. a = 5; chi phi tréng cé la 39 triéu dong.

Luu y. Hai dudng chéo cla ao bang chiéu dai va chiéu réng vuon; khéng |Idy canh hinh thoi lam
dudng chéo.
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Cau 5 (1 giém)

Lon hinh tru cé dudng kinh 2,9 dm, chta mét lugng nudc. Nhliing mét qua cau khéng tham
nudc vao lon, cham ddy; qua cau vua khit lon va nudc vira ngap qua cau.

«~—29dm——F——

Nudc vira

— ngép cau

4

Qua cau cham day, vira khit lon; muc nuéc sau khi tha cao bang dudng kinh cau.

a) Tinh thé tich qua cau theo dm3, lam tron dén hang phan tram.

b) Tinh chiéu cao myc nudc ban dau theo dm. Cho V 4, = %nR3 va Vi, = mrzh.

HUOGNG DAN GIAI

Kién thirc can dung. Thé tich nudc khdng d6i. Sau khi tha cau, thé tich dudi mat nudc gobm nudc
va qua cau.

a) Tinh thé tich cau
Ban kinhR=2,9:2 =1,45 dm.
Vcéu = (4/3)m'1,453 = 12,77005 dm3 = 12,77 dm3.

b) Bao toan thé tich nudc

Lon vira khit cdu nén ban kinh ddy lon ciing bang R. Nuéc vira ngap cau nén chiéu cao IGc sau la
2R.

\Y, = nR%:2R — (4/3)nR3* = (2/3)nR3.

nuéc
Goi ho la chiéu cao ban dau: nRzho = (2/3)1R3 = ho = 2R/3.

Vay ho = (2:1,45)/3 = 29/30 dm = 0,97 dm.

Két qua. Thé tich cau = 12,77 dm3; muc nudc ban dau cao 29/30 dm, khoang 0,97 dm.

Luu y. Muc nudéc lic sau cao 2,9 dm, nhung d6 khong phai chiéu cao ban dau. Khong lam tron thé
tich & gilra phép tinh cau b.
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Ccau 6 (1 gigm)

Hang ngay mét chi€c thuyén xudi dong tir A dén B réi tré vé A ngay sau dé. Mot hém van téc
riéng cla thuyén tang gap doi, khién téng thoi gian di va vé chi bang 40% thai gian thuong &,
Tinh ti s6 van téc riéng ngay thudng cla thuyén so véi van téc dong nudc. Van toc riéng la van

toc khi nudc ddng yén.

HUOGNG DAN GIAI

Ki€n thic can dung. Van téc xudi dong = v + u; ngugc dong = v — u. Téng thoi gian la téng hai

thuong quang dudng/van toc.

Budc 1. Pat an va viét thoi gian

Goi v la van toc riéng ngay thuong, u la van tdéc dong nudc, s la quang duong AB; diéu kién v > u

> 0, s > 0. Cac don vi phai thong nhat.

b p .+ _ S s _ 2sv
Ngay thuong: t = vao treg = .
Khi tang gép doi van tac rléng t= 2vs+u + ZVS—u - 4v4215_vu2

Budc 2. Dung ti l1é 40%

Vit = 0,4t nén

2(v2 —u?)
e L

=2
av? —u? 5°

Nhan chéo va rat gon: 10(v2 — u?) = 2(4v2 — u?) = 2v2 = 8u? = v2 = 4u2,

Do v, u> 0nénv = 2u, hay v/u = 2.

Budc 3. Kiém tra

Néu v = 2u, ngay thuong cé t = s/(3u) + s/u = 4s/(3u). Ngay tang toc cé t' = s/(5u) + s/(3u) =

8s/(15u).
Tiso t'/t = 2/5 = 40%, dung yéu cau.

+ u thanh 2(v = u).
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Ké&t qua. Van téc riéng ngay thuong gap 2 lan van téc dong nudc.

Luu y. Tang gap déi van téc riéng chi d6i v thanh 2v; van téc dong nudc u gilr nguyén. Khéng déi v
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Cau 7 3 diém)

TU A nam ngoai dudng tron (O; R), ké hai ti€p tuyén AB, AC (B, C la ti€p diém). V& dudng kinh BS; doan
OA cat (0) tai I.

Hai ti€p tuyén AB, AC; H thudc BC, | thuéc OA, D la chan dudng vubng goc tir H téi AB.

a) Chiing minh OA L BC tai H va BC? = 2-SC-HA.
b) Goi r la ban kinh dudng tron ndi ti€p tam gidc ABC. Tinh CS theoRvarr.
c) Ké HD L AB tai D. F la trung diém OB, E = AF n CD. Ching minh C, H, E, A dong vién.

HUGNG DAN GIAI

Ki€n thuac can dung. Hai tiép tuyén tir mét di€m c6 dé dai bang nhau. Dung dudng trung binh, déng dang
va hai géc vudng cling chadn mét doan.

a) buong trung truc va hé thuc do dai
AB = AC va OB = OC nén A, O cung thudc dudng trung truc BC. Vi thé OA L BC tai H va HB = HC.
Trong tam gidc SBC, O la trung diém SB, H la trung diém BC, nén OH la dudng trung binh: SC = 20H.

Tam gidc ABH dong dang BOH: g6c H déu vudng, ZABH = £BOH vi cung phu £ZOBH. Suy ra AH/BH = BH/
OH, hay BH? = AH-OH.

Do BC = 2BH: BC?2 = 4BH? = 4AH-OH = 2-SC-HA.

b) Ching minh I la tdm néi tiép

OA phéan gidc £BAC (hai tam gidc vuéng AOB, AOC bang nhau).

OC =0l nén LOCI = LOIC. VIAC LOCva CH L Ol, tacé LACI = 90° — LOCIl = 90° — LOIC = LHCI.

Vay Cl phan gidc ZACB. | nam trén hai phan giac trong Al va Cl nén la tam noi ti€p tam gidc ABC.

Khodng céch tr | dén BC la IH = r. Cac diém O, H, |, A theo thi tu trén mot dudng thang; OH = Ol — IH =R
—r. Do d6 CS =20H =2(R —r).

c) Tao goc vuong tai E

Ké CK 1 AB tai K (di€m phu). Vi H la trung di€ém BC va HD || CK, D la trung diém BK.

Hai tam gidc ABO va CKB dong dang: LZABO = £LCKB = 90°, LZAOB = £LCBK. Vi thé AB/CK = BO/KB.

F la trung diém OB, D la trung diém BK nén BO/KB = BF/KD. Do d6 AB/BF = CK/KD.

Hai tam gidc ABF va CKD déng dang theo canh-gdc-canh, suy ra £ZBFA = LCDK. Tam giac ABF vudng tai B
nén £LBFA + LBAF = 90°.

Vi DK nam trén AB, dang thic trén cho CD 1 AF tai E. Do d6 ZCEA = 90°. Mat khac ZCHA = 90°.
E va H cling nam trén dudng tron dudng kinh CA; suy ra C, H, E, A dong vién.

Két qua. OA 1 BC; BC2 = 2:SC-HA; CS = 2(R —r); C, H, E, A dong vién.

Luu y. G cau ¢, tam gidc ABF vudng tai B. K 1a diém phu dlung riéng dé€ 1ap déng dang; khéng nham véi D.
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