GIA SU SV TOAN 9 - 10 - DE 14

DE THAM KHAO TP.HCM 2026-2027
~ ~ \ \ = = 2= AY Vd
Dé 14 - bé va loi giai tung buadc
7 cau ty ludn - 120 phat - 10 diém
Xanh duang: kién thiric - Xanh 1a: két qua - Vang nhat: luu y

Cau 1 5 giém)

Cho ham so (P): y = x2.
a) Vé do thi (P).
b) Bang phép todn, tim nhimg diém M thudc (P) cé tung d6 bang hai lan hoanh d6.

HUGNG DAN GIAI
Kién thic can dung. Tung d6 bang hai lan hoanh dé tuong duong y = 2x.

a) Lap bang va vé parabol

X -2 -1 0 1 2

y 4 1 0 1 4

Parabol cé dinh O(0; 0), truc déi xtng Oy, mé lén, di qua nam diém trong bang.

|/

Parabol y = x2 qua cac diém (x1; 1), (£2; 4).

b) Giadi diéu kién caa M
Ty =x?vay=2x:x2=2xe x(x —2) =0.

X=0=2y=0x=2=y =4

Két qua. M1(0; 0), Mz(2; 4).

Luu y. Khdng chia phuong trinh cho x; can gilr nghiém géc toa do.
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Cau 2 1 giém)

Cho phuong trinh 3x2 — 11x — 7 = 0.

a) Ching minh cé hai nghiém phan biét x1, x2.

1

b) Khéng gidi phuong trinh, tinh A = (1 - L)(x1 = xa).

HUGNG DAN GIAI

Kién thirc can dung. Quy dong hiéu hai phan thic réi dung (xa — x2)2 = (X1 + X2)2 — 4x1Xz.

a) Xét A
A =(—-11)2 — 4-3:(—=7) = 205 > 0 nén c6 hai nghiém thuc phan biét.
b) Quy déng va dung Viéte

Theo Viete: S = x1 + x2 = 11/3, P = xax2 = —7/3 # 0. Vi vay ca hai mau xi1, x2 déu khéac 0.

— X1—X2 _ — (x1—x2)%2 _ S?2-4P
A 5 (X1 — X2) e -

S?2 — 4P = 121/9 + 28/3 = 205/9. Do d6 A = (205/9) : (—=7/3) = —205/21.

< 2 _ _205
Két qua. A = Tl

Luu y. Hiéu 1/x2 — 1/x1 ¢ t& x1 — X2. Ddo th ty tir sé lam sai dau dap sé.

Nguon dé: H6i dong B6 mén Toan TP.HCM. Bién tap 10i giai: Gia Su SV.
M6 bai luyén Dé 14 - On ly thuyét va chon dé
Ngudi thay tan tdm, nguoi ban sé chia.
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Cau 3 (15 giém)

Bi€u do6 cot kép trong dé biéu dién s6 khach ndi dia va quéc té tai sau dia di€ém nam 2022, don vi nghin
ngudi. S6 liéu:

Pia diém Noi dia Quéc té
Ha Long 1200 300
ba Lat 900 100

Nha Trang 1500 500

Sa Pa 720 80

Phi Quoc 1300 500

Pa Nang 1800 1200

zzzzz

nnnnn

S8 khach ndi dia va quéc té cha sau dia diém theo dir kién dé bai.
a) Dia diém nao co ti 1&é khach qudc té so vdi téng khach cao nhat, thdp nhat?

b) Chon ngau nhién moét dia diém trong biéu dé. Tinh P(A), P(B), vdi A: “Téng khach dudi 2 000 nghin
nguoi”; B: “Ti Ié khach quéc té tir 20% trd 1én”.

HUGNG DAN GIAI

Kié€n thic can dung. Ti 1é qudc té = khach qudc té / (ndi dia + quoc té). Co sau dia di€m nén moi
bién c6 dung mau sé 6.

a) Tinh téng va ti lé

Pia diém Téng (nghin) Ti 1é quéc té
Ha Long 1500 20%
Da Lat 1000 10%
Nha Trang 2000 25%
Sa Pa 800 10%
Phu Quéc 1800 500/1800 = 27,8%
Pa Nang 3000 40%

Cao nhat la Pa Nang (40%); thdp nhat la Pa Lat va Sa Pa (cung 10%).

b) Pém sé dia diém thoéa diéu kién

A gbm Ha Long, Da Lat, Sa Pa, Phd Quéc: cé 4 dia diém. Nha Trang c6 dang 2000 nén khéng thudc A.
P(A) = 4/6 = 2/3.

B gém Ha Long, Nha Trang, Phu Quéc, Da Nang: cé 4 dia diém. Ha Long dat ding 20% nén van thudc B.
P(B) = 4/6 = 2/3.

Két qua. Cao nhat: Pa Nang; thap nhat: Pa Lat va Sa Pa. P(A) = P(B) = 2/3.

Luu y. Pa sia 16i dém trong 16i dan nguén: biéu d6 thuc té€ c6 6 dia diém. “Dudi 2000” khéng gom
2000; “tr 20%” c6 gobm 20%.
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Cau 4 (1 giém)

Tam bia hinh ch{r nhat c6 chiéu réng x m, chiéu dai y m. Cat bd 6 hai dau hai ntra hinh tron cé
duong kinh bang chiéu rong x, nhu hinh.

y (m)

Hai phan cat bé la hai ntra hinh tron dudng kinh x, ghép thanh mot hinh tron.

a) Viét bi€u thirc dién tich tam bia con lai.

b) Biét chiéu dai gap dbi chiéu réng va dién tich con lai la 19,44 m2. Tim kich thuéc ban dau,
lay m = 3,14.

HUONG DAN GIAI

Kién thuc can dung. Hai nra hinh tron ghép thanh mot hinh tron ban kinh x/2. Dién tich con lai =
dién tich chit nhat — dién tich bi cat.

a) Viét céng thuc téng quat
Dién tich ban dau xy. Téng dién tich hai phan cat la n(x/2)? = nx?/4.
Vay A(x, y) = xy — nx2/4 (m32). Khi y dugc gilr c6 dinh, cé thé ki hiéu A(x) nhu ban dé goc.

b) Thay quan hé y = 2x

VGi x > 0vay = 2x: 2x2 — 3,14x?/4 = 19,44 & 1,215x? = 19,44.
Suy ra x2 = 16. Nhan x = 4 m, loai x = —4 vi chiéu réng phai duong.
Chiéu daiy = 2:4 = 8 m. Kiém tra: 4-8 — 3,14-22 = 19,44 m?2.

Két qua. A = xy — nx?/4; chiéu rong 4 m, chiéu dai 8 m.

Luu y. Chi thay y = 2x khi st dung gia thiét cau b. & cau a, dién tich con phu thudc ca chiéu dai va
chiéu rong.
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Cau 5 (1 giém)

Mét ki€u ly cé phan chira chat 16ng cao 6 cm, dudng kinh miéng 6 cm; gom phan trén hinh try
cao 3 cm va phan day la nta khéi cau cung duong kinh.

6cm

Hinh tru ca- il

Ban cau

Phan chira cGia ly gém hinh tru cao 3 cm va ban cau ban kinh 3 cm.
a) Tinh dung tich t6i da cda ly. Cho Vipg = Tr?h, Vs, = (4/3)nR3.

b) Trong bai toan, 6ng Gidp chuédn bi rugu vang cho bira tiéc 12 ngudi (dd géom 6ng Gidp). Moi
nguoi dung 4 ly, moi ly rét 60% dung tich. Méi chai c6 0,85 lit. Can it nhat bao nhiéu chai?

HUOGNG DAN GIAI

Kién thirc can dung. Cong thé tich cac khéi khdng chéng 1an. S6 chai can du dung phai lam tron
I&én s6 nguyén.

a) Céng hai phan thé tich

Ban kinh chungr=6:2 =3 cm.

Phan tru: m:32:3 = 27n cm3. Ban cau: (1/2):(4/3)n:33 = 18mn cm3.
Dung tich toi da V = 27n + 18n = 45n cm?3 = 141,37 cm3.

b) Tinh téng luong va sé chai

T6ng s6 ly: 12:4 = 48. MGi ly c6 60%:-45m = 271 cm3.

T6ng thé tich: 48:27m = 12961 cm3. M6t chai 0,85 lit = 850 cm3.
1296m/850 = 4,79 chai. Bén chai khéng du, nam chai da.

Két qua. Dung tich 45m cm3; can it nhat 5 chai.

Luu y. 60% la phan thé tich dugc rét, khéng phai 60% chiéu cao. Khéng cong thém méot nguoi vi 12
da bao gém cha tiéc.
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Ccau 6 (1 gigm)

Ldc 7 gig, Quoc di tir A, du dinh dén B gap Khanh ltc 9 gio 30 phit. Dén 9 gio, Quoc biét Khanh
bat dau di tir B dén C (C khong trén dudng AB) vdi van téc bang 3,25 1an van téc ban dau cua
Qudc. Qudc tang téc thém 1 km/h va khi dén B di dudng tat dén C, dai bang 1/3 dudng Khanh
di. Hai nguoi dén C clng Idc. Néu Khanh ciling di dudng tat thi dén truéc Quéc 2 gio. Tinh van
toc ban dau clda Quéc.

Mé&c so sanh thai gian: 9 gid

o<
<

Da di: 2x km

0,5x

Dai: y km

T 9 gid: Quéc con doan NB va di dudng tat; Khanh di tuyén dai tir B tdi C.
HUGNG DAN GIAI

Ki€n thic can dung. So sanh thoi gian tlr cung méc 9 gio. Dat y la d6 dai tuyén dai, dudng tat
bang y/3.

Budc 1. Pat an va tinh phan dudng con lai

Goi x > 0 (km/h) la van téc ban dau ctia Quéc; y > 0 (km) la tuyén dai B » C ctia Khanh. Khénh
di v4i van toc 3,25x.

AB = 2,5x. D€n 9 gi0, Quoc da di 2x nén con 0,5x km dén B. Sau dé van téc la x + 1.

Budc 2. Lap hai quan hé thoi gian

N ~ .0, 5x+y/3 _ Y
Cung dén C: = =07 = 5 (1)
Néu Khénh di dudng tat, thoi gian gidm 2 git: 59 — 5= = 2 (2).

T (2): 2y/(9,75x) = 2 =y = 9,75X.
Budc 3. Giai va kiém tra
Thé& vao (1): (0,5x + 3,25x)/(x + 1) =3 = 3,75x = 3x + 3 = x = 4.

Khi x = 4: van téc méi cta Quéc 5 km/h, Khanh 13 km/h, y = 39 km, duong tat 13 km.

TU 9 gid, Qudc can (2 + 13)/5 = 3 gio; Khanh di tuyén dai can 39/13 = 3 gio. Néu di tat, Khanh
chi can 13/13 = 1 gig, sém hon 2 gio.

Két qua. Van téc ban dau cta Quéc la 4 km/h.

Luu y. Van téc Khanh la 3,25x, khéng phai 3,25(x + 1). Hai phuong trinh déu tinh tir méc 9 gio.
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Cau 7 3 diém)

Cho duong tron (O; R) dudng kinh AC. Trén tiép tuyén tai A ldy M = A, AM > AO. Tir M ké ti€p tuyén MB véi
(0), B = A.

Hai ti€p tuyén MA, MB, cat tuyén AED va vung gidi han bsi MB, cung nho BC, CK, KM.
a) Chirng minh MAOB ndi ti€p va OM L AB.

b) D la giao diém cla doan MO vdéi (O); tia AD cat MB tai E. K& Ol L DB tai I. Chitng minh £ZDAB = £IOB va
EB? = ED-EA.

) Tiép tuyén tai C cdt dudng thang AB tai K. V&i AM = Rv3, chitng minh OK 1 MC va tinh dién tich hinh giéi
han béi MB, cung nhé BC, CK, KM.

HUGNG DAN GIAI

Kién thirc can dung. Dung dudng tron dudng kinh OM, déng dang ti€p tuyé&n-cat tuyén. Khi tinh mién cong,
xac dinh du cac phan phai tru.

a) Noi tiép va vuéng goéc
OA L MA, OB L MB nén £LMAO = LMBO = 90°. A, B cung thudc duong tron dudng kinh MO; MAOB ndi tiép.
MA = MB va OA = OB nén M, O cling nam trén dudng trung truc AB. Suy ra OM L AB.

b) Géc bang nhau va tich doan thang

OB = OD nén tam gidc OBD can tai O. Ol L BD cling la phan gidc £BOD, do d6é £I10B = (1/2)4BOD.
LDAB la g6c ndi ti€p chan cung DB nén £DAB = (1/2)4DOB = LIOB.

Vi EB 1 OB va Bl 1 Ol, LEBD = £LIOB = LEAB. Lai c6 £ZBED = ZAEB do E, D, A thang hang.

Hai tam gidc EBD va EAB dong dang. Suy ra EB/EA = ED/EB = EB2 = ED-EA.

cl) Tinh CK va ching minh OK L MC

Tam gidc MAO vuong tai A, tanZAOM = AM/OA = v3 nén LAOM = 60°. OM phan gidc LAOB, do d6 LAOB =
120°.
Tam giac AOB can nén LOAB = 30°. Trong tam gidc ACK vuodng tai C: CK = AC-tan30° = 2RV3/3.

Hai tam gidc OCK va MAC vudng lan lugt tai C, A; OC/CK = v3/2 = MA/AC. Ching dong dang, nén £KOC =
LAMC.

Vi LAMC + LACM = 90° va OC cung phuong AC, suy ra OK L MC.

c2) Tinh ding mién duoc giéi han

OK = v(0C? + CK?) = Rv21/3; MC = V(AM?2 + AC?) = RV7.

T giac OMKC c¢6 hai dudng chéo vudng gdc, nén Sy, - = OK-MC/2 = 7R2V3/6.

B nam trong mién OMKC. Mién can tim dugc tao bang céch bo ca tam giac OMB va quat tron OBC khoi t&r
gidc OMKC.
Do OB L MB va MB = MA = RV3: SOMB = OB-MB/2 = R%V3/2.

£BOC = 180° ~ 120° = 60°, nén S opc = MRY/6.
VAay S = 7R%V3/6 — R?V3/2 — R?/6 = RZ(4T\/§_H)'

Két qua. MAOB noi tiép; OM L AB; ZDAB = £IOB; EB? = ED-EA; OK L MC; S = R2(4\/6§-”) .

Luu y. Dinh chinh dap 4n ngudn cau c: chi trir quat OBC la chua du, con phai trir tam gidc OMB. Vi vay hé s6
dung la 4v3, khong phai 7v3.
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